
Partially wrappedukayaategon.es bordismattachment
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Conventions

Liouvillesector DX itscontact bdy
F 2X a stop
All Lagrangians L are cylindricaland act so daL 2 X is Legendrian

Preview LKEXlag Let Lml be a large positive isotopywhich

avoids
tataslnotetipjii.it i ifhE.k

Fifi
Equivalently consider a cofinal sequence of positive isotopies
L L m L ms ms now are cylindrical anddefine

HW.CLKly line HF.CL K

f

Rmk HW is oftendefined by pushing L along a Ham isotopy
This is equivalent to the isotopy consisting of exact Lagrangians see

Convention This will be more convenient bc we are wrappingpartially



Def An isotopy LomL is positive if dale lies in thepositive side
of thecontactdistribution

Fact If La L is a small positive isotopy HF.CLL L

Def Given a positive isotopy LomL define the continuation
element cLe HF Li Lo
If Lo L is small let Le be the imageof Lo
Otherwise break LomsL into small isotopies andcompose the

resulting continuation elts

Given another Lag K composition w CCL defines a continuation

map
HFLoK HF.CL K

Def The positivewrapping category Lms is the cat
Objects are isotopies LmLw

Morphisms bit L L L L are htpy classes of positive
isotopies ms at Lm ms L L are htpic

All isotopies above avoid F at a

Fact Lms is filteredandhas countablecofinality In particular we
canfind L L m L m ms st any Lm admits a morphism

to Lms L for i suff large

Def HW.LKx.f lgmy HFL.KI lem
HFCeTk
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IThepartiallycrapped Fukayaategory

Def Let I be a countable set of Lag containing one Lag fromeach
isotopyclass Foreach LEI choose a cofinal sequence

L Em L m 23ms

Let 0 L LEI it 22 This is a poset w partial order L K
iff is j Choose everything sit everytotally ordered collection of lag are
mutually h
Define 0 as an Acscategory

Homoll k
K Lsk

I L K
O

To define the Acsoperations count hot disks wirt a choice of

Floerdata Note tility of Lag always holds

Def Let C be the set of continuation elts CEHF L t L
Let WXF OCC localization of Aascategories

EbordsmAttachment

Thm Prop1.37 inGPS2 L K EX disi Las disifromf
whose primitives vanish at a Let C Rx2X an exact

Lag cobordism disj fromF w negativeend daL u Jok sit its

primitive fc satisfies
fetal felook

If the image of C in 2X is thin meaningany KEX disj from



I can be wrapped to avoid C then
L cK Cone L K
C attach Cto LUK

ie
Def For an Acscategory C Z ConeX Y if

C AZ Cone AX AY

Ex

caf.fiiittts
St L CK L K L L

Review Consider a hotdisk appearing in thediff ofCF.CLK

y input

Stokes E u uxw 2 7 fly f x fix fly
f x fly fly fly Alx Alyl



proof ofThem Let L K be the resultof attachingthe
t translate of C Test L cᵗK against a Lag A For t large
An L K ANL V A K So

CF.CA L CK CI.CAL CF.CAK
as abelian groups So d WeWTS du dedick dk
dk 0 Observe

As we change t ie translate C the constants foldat
felook growexponentially In particular the difference

falak fetal as

Now consider disks counted by dki

For t large S 2477 stuff indepof t feb 1 flask as

so the energyis negative Sodkc 0 Fordu theenergy of
curves does not change w t By monotonicity these curves are
a priori bdd awayfrom as theonly curves that showup are

thosecontributing todL Hence du de dick dk
There are twoissues remaining
We are considering CF not CW

Wecannot choose t large enough st the aboveargument works A
These can be resolved through some algebraic trilks which we will not
discuss I


